Abstract Simplicial complex

Aol 1 An (abstract) simplicial complex consists of a set V' of vertices and a
collection K of finite non-empty subsets of V' called simplices such that
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dim K := sup{dimo|o € K}.

L C K is a subcomplez(L < K) if L is a simplicial complex in its own right.
K? = p — skeleton of K= collection of all simplices of K of dim< p
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K| ={z:V = [0,1] | {ve K | z(v) #0} € K, z(v) =1} and
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>~ any af fine simplex < ag, - -+, a, >C RY with the subspace topology.
( ] affine simplex < ag, - - -, a, >5 a geometric realization of |o|2}2L $tT}.)
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(1) t, : |K| — [0,1] is continuous.

(2) |K| is a Hausdorff space.

(8) A C |K]| is compact < A is closed subset of |L| for some finite subcomplex
L of K. In particular, |K| is compact if and only if K is a finite simplicial
complez.
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